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Abstract

We apply a look-up table technique to calibrate both position and orientation readings from a mag-
netic tracker for use in virtual environments within a de�ned working volume. In a test volume of 2.4
cubic meters, the method reduced the tracker's averageposition error by 79% and its averageorientation
error by 40%. We test the correction table against the tracker's performance outdoors (a metal-poor
environment) and show that readings taken in our lab and corrected by our method exhibit less error
than uncorrected readings taken outdoors. We demonstrate that such reduction in position error visibly
improvesregistration in an augmented realit y system, whereasthe (lesser) reduction in orientation error
doesnot visibly improve registration. We show that the model we used for the orientation error function
was incorrect, preventing our method from achieving better correction of orientation error. We discuss
future directions for correction of orientation error.

1 In tro duction

1.1 Purp ose and Motiv ation

In virtual realit y (VR) and augmented realit y (AR) systems, magnetic tracking devices are often used to determine
the position and orientation of the user's head within a virtual world. This data is passedto an image generator
which renders a picture matching the reported values. Magnetic trackers are subject to inaccuracy in their reports,
however. In AR environments, inaccurate reports lead to misregistered synthetic elements. To avoid this, data from
the magnetic tracker should be corrected before being passedto the image generator. One such method for correcting
reports is to store a table of correction factors corresponding to locations and look up a correction factor to apply
for a given position. We will refer to this as the look-up table (LUT) technique.

1.2 Background

1.2.1 Calibration in Augmen ted Realit y

In AR applications, virtual objects are superimposed on the real world, either with lensesor half-silvered mirrors
(optical see-through [Furness86]) or electronics (video see-through [Bajura92]). For the merged environment to be
convincing, the virtual objects must be aligned with the real objects. This requires an extremely high degree of
precision in calibrating the components of the AR system: the head tracker, the head-mounted display (HMD), the
real-world objects, the world coordinate system, and, in video see-through, the camerasand lenses.
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(a) Uncorrected magnetic tra cker (b) Mechanical tra cker
Figure 1: AR display showing a computer-generatedgrid (white) superimposedonto a real-world grid.
(a) Using uncorrected position and orientation readings from an Ascension Flock of Birds magnetic
tracker. The poor registration is due partly to the di�cult y of calibrating a camerawith anything other
than a perfect tracker. (b) Using high-precision Faro TechnologiesMetrecom arm for camera tracking.
The foreground elements on the right belong to the mechanical arm. Note the correct registration of
both the grid and the arm's coordinate system at the center of the metal sphere(thick white lines).

1.2.2 Magnetic Tracking

Magnetic tracking systemsgeneratea magnetic �eld from a transmitter and measurethe �eld with a receiver attached
to the object being tracked. These measurements determine the position and orientation of the receiver in relation
to the transmitter. Metal and electromagnetic devices (e.g. computers, CRTs, metal desks, metal 
o ors, electrical
conduits, and ventilation ducts) in the environment distort the transmitter's �eld. Such interference results in
incorrect data being fed to the position and orientation computations. This leads to poor registration of real and
synthetic objects, as is the casefor the grid shown in Figure 1a. Any metal that is closer to the transmitter than the
receiver will distort the readings from the receiver, whether the metal is between the transmitter and receiver or on
the opposite side of the transmitter from the receiver.

A widely-used magnetic tracking device is the AscensionTechnology Flock of Birds (FOB) with Extended Range
Transmitter (ERT) [Ascension95]. The ERT emits a pulsed DC magnetic �eld and tracks within a hemisphere1 with
a radius of eight feet. The numbers in the FOB reports have 14 bits of precision and a position resolution of 0.45 mm.
A factory calibration technique is available for the FOB with ERT.

Twelve measurements are taken by the FOB-ERT system in order to compute the position and orientation of the
receiver in the magnetic �eld. For each of four magnetic �eld environments (Earth's �eld alone, Earth's �eld plus
a �eld in the transmitter's x direction, Earth plus y, and Earth plus z), the receiver measuresthe �eld's e�ect in
its local x, y, and z directions. The FOB then computes the distance to the receiver from the ERT, the direction
(speci�ed by two angles) to the receiver from the ERT, and the relativ e orientation angles (Euler angles) that give
the orientation di�erence between the ERT and the receiver. These angles are converted to the requested output
format. (We use a vector and a quaternion.) The algorithms used for determining position and orientation of the
receiver relativ e to the ERT follow the SPASYN system [Kuip ers80].

1.2.3 Mec hanical Trackers

Mechanical tracking devices use high-precision analog or digital measuring devices attached to jointed arms to give
position and orientation reports. Since the devices do not use electromagnetic, sonic, or light waves, they avoid
interference from the environment. However, there are practical limits on their range.

One such mechanical tracker is the Faro Metrecom IND-1 (Faro arm). The Faro arm is a six-degree-of-freedom
tracker with an approximate six-foot spherical measuring range [Faro93]. The Faro arm is constructed of anodized
aircraft aluminum. Each joint has a hybrid analog-digital rotary transducer. The Faro arm returns a vector for

1The user can select one of six hemispheres within a sphere; each hemisphere is centered around either the positiv e or
negative half of one of the transmitter's axes. As noted by Ascension Technology, \If the application notes the crossing between
hemispheres, the tracking is full sphere." [Work96]
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a. Bef ore position correction. b. After position correction.
Figure 2: Correction method applied to AR display. The camerais trackedwith an AscensionTechnology
Flock of Birds tracking system. Two beacons(marked by small white cross-hairs)are used to correct
cameraorientation. In image a, the position reading from the tracker is usedfor the computer graphics
viewpoint. Note the poor registration due almost entirely to the incorrect position reported by the
magnetic tracker. In image b, the position readingsfrom the magnetic tracker are �rst corrected by the
LUT method.

position and Euler angles for orientation of the tip relativ e to a base coordinate system located at the center of a
reference sphere. The Faro arm reports have eight decimal digits of precision. The arm has a position accuracy
of 0.46 mm (2 Sigma). The orientation accuracy of the Faro arm is not speci�ed by Faro Technologies. The high
degreeof accuracy of the Faro arm is demonstrated in Figure 1b. This �gure indicates that our AR system is a valid
test and that our calibration techniques work with successproportional to the accuracy of the device that tracks the
camera. Figure 1b has good registration becausethe mechanical tracker is very accurate, while Figure 1a has poor
registration becausethe magnetic tracker su�ers from distortion of its magnetic �eld. Figure 1b also indicates that
the orientation reports from the Faro arm are indeed quite accurate.

1.3 Con tribution

We apply a look-up table calibration method to a magnetic tracker and shows that it greatly reduces the average
magnitude of the position error (as shown by [Bryson92] and [Ghazisaedy95], seeSection 2) and moderately reduces
the orientation error (a new �nding). We also demonstrate that the orientation error depends on the measured
orientation (a new �nding). This contradicted our initial assumptions and prevented the method from achieving
better orientation correction. It also makes a LUT technique appear impractical for orientation correction, due to
the exponential increasein both the number of samplesrequired and in the storage cost of the table.

The method performs well compared to the tracker's performance outdoors, in a virtually metal-free environment.
We show with an AR system that this correction method improvesthe registration of the computer-generated imagery
with the real world noticeably, but not su�cien tly for registration in an AR environment (Figure 2).

Section 2 brie
y reviews similar experiments. We present in Section 3 a brief analysis of calibration methods and
error metrics for position and orientation readings, and a detailed description of our method. In Section 4, we present
numerical and visual results. We draw conclusions in Section 5 and discussfuture work in Section 6.

2 Previous Work

Bryson [Bryson92] calibrated a Polhemus Isotrak with three di�eren t calibration methods, one by mapping the
distortion with a least-squares�t to a polynomial function, and two by using a LUT (one with linear interpolation
and one with a Gaussian-weighted interpolation). Bryson measurederrors on a rectilinear grid de�ned by a pegboard.
He found that the Gaussian-weighted LUT and function-�t methods performed best. He also found that extreme
noise in his measurements beyond 1200 mm from the source made a calibration method unreliable beyond that
distance. Finally , he found that the measurements were not repeatable from day to day, which limited the potential
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for calibration to within the repeatabilit y of the measurements (25-50 mm) 2 .

The CAVE VR system [Cruz-Neira93] at the Electronic Visualization Laboratory of the Univ ersity of Illinois at
Chicago usesa FOB with ERT to determine position and orientation. Ghazisaedy et al [Ghazisaedy95] calibrated
their system with a LUT method. They usedan ultrasonic measuring device to determine position correction vectors
at sample locations. They took data on an approximate rectilinear grid, at a resolution of one foot, to calibrate a ten-
foot cubic volume, and trilinearly interpolated intermediate points. They reduced long-range (three-meter tracking
range) maximum errors from 1200 mm to 82 mm. They reduced short-range (one-meter tracking range) maximum
errors from 180 mm to 40 mm. The latter is virtually the same relativ e correction of position error as our method
gives, though our data has smaller pre-correction errors. The maximum pre-correction error for our data (comparable
to the short-range experiment in the CAVE) was 108.0 mm, and the maximum post-correction error was 23.1 mm.

3 Calibration Metho d

Calibrating a magnetic tracking device involves mapping the distortion of the magnetic �eld, characterizing the
distortion function, and providing a correction algorithm (which follows directly from the characterization). This
requires a reliable method of collecting data and the de�nition of an error metric to analyze the calibration. It also
requires some familiarit y with resampling and averaging transformations, particularly rotations. We show how we
set up a transformation loop to determine the tracker error. Since our method relies on auxiliary devices, we want
to make sure that we use them in a way that will not interfere with the calibration.

3.1 Data Collection

To map the distortion of the magnetic �eld, one must collect data tuples that consist of the measureddata and the
\truth values" { what an accurate tracker should report. The accuracy of these truth values is crucial to the accuracy
of the calibration method as a whole, since the goal of the calibration procedure is to map measured data into (or,
at least, as close as we can get to) truth values. The measured data is read directly from the magnetic tracker
being calibrated. Averaging multiple readings for each sample can reduce the noise and dynamic error in measured
readings. The truth values must be generated by either a precise auxiliary tracker or by a sampling lattice in which
the receiver can be mounted in a rigid and repeatable manner for both position [Bryson92] and orientation.

Sample points can be collected either on a rectilinear grid or as irregularly distributed set. The choice of method
does not a�ect the �nal representation of the distortion function, and both methods must allow samplesto be taken
at arbitrary rotations if orientation error is to be corrected. (In fact, we shall see in Section 4.7 that too many
orientations are neededper sample point for orientation correction via the LUT method to be practical.) Sampling
on a rectilinear grid does not require a resampling algorithm to form a LUT, but is very di�cult to perform in a
precise, automatic way without metallic structures. Collecting an irregularly distributed set of samples is somewhat
easier.

3.2 Error Metrics

After collecting data, we need a way to measure its qualit y. We de�ne error metrics in terms of the local coordinate
systems (CS) of the devices used. For the transmitter and receiver of the FOB, these CS are de�ned in the user
manual [Ascension95]. For the tip and baseof the Faro arm, these CS are de�ned in its user manual [Faro93].

For position error, we compute the magnitude of the distance between the two local CS. This metric can be
computed with vector algebra. For orientation error, we measurethe angle through which the measuredor corrected
local CS must rotate to match the true local CS. This metric can be computed with quaternion algebra. We are
lessconcerned with the axis of rotation. A small angle around any axis implies a small error, whereasa large angle
around any axis implies a large error.

We created a noise metric for the position and orientation samples. For each sample, we take multiple readings
to reduce the e�ects of noise. Some points exhibit excessive noise and must be excluded from the computations.
This noise metric also detects samples for which the receiver was not still. For the position portion of samples, the
noise metric is de�ned as the length of the diagonal of the bounding box enclosing the multiple readings of a sample.
For the orientation portion of the samples, the noise metric is computed by rotating a unit vector by each reading's
quaternion in turn. The length of the diagonal of the bounding box of the respective endpoints of the rotated vectors
is the noise metric. (This is a pessimistic measure, but easy to compute.) We derived a maximum allowable length

2All measurements cited in this section were reported in feet and/or inches. We have converted them for consistency. The
accuracy of the reported numbers varies. We have used approximate values where few signi�can t digits were provided.
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for that diagonal for each tracker from the tracker's resolution speci�cations and practical experiencewith the tracker
in our lab. The maxima used in the experiments described in Section 4 were 20 mm for FOB position, 7.5 mm for
Faro position, 0.05 mm for FOB orientation (2.9 degrees),and 0.018 mm for Faro orientation (1.0 degrees).

When we collect samplesof position and orientation error, we are sampling a distortion function of the magnetic
�eld. It is well-understood in sampling theory that, in order to accurately characterize a function, one must sample
at twice the frequency of the highest frequency component of the function. In this application, undersampling will
result in widely varying correction factors for nearby samples. The noise metrics above can also be used to detect
this condition. We can also visually inspect the samples and resulting LUT to seethat the error changessmoothly
betweennearby samples. If the metric for either position or orientation is above an error threshold (derived not from
the precision, as described above, but from the alignment accuracy required and/or from the accuracy of the tracker),
the samplesare not denseenough to produce a smooth approximation to the error at intermediate locations.

3.3 Function Fitting vs. Lo ok-up Table

Distortion of the magnetic �eld is the major sourceof position and orientation errors from the tracker. This distortion
can be approximated by a function or sampled into a LUT. To obtain a function, tuples of measuredand true points
are fed into an optimization procedure such as least squares�t, with a list of basis functions (constants, linear terms,
transcendentals, etc.). One problem with such an optimization is that it is unknown whether a good approximation
function, or set of piecewise functions, can be found. One might have to sacri�ce local accuracy in a part of the
working volume in order to obtain better global accuracy. In addition, the functional approximation cannot be
guaranteed to capture all of the �ne detail in the distortion, or it may intro duce variations of frequency higher than
the frequencieswhich exist in the data.

In contrast, a LUT useslocal information to compute the table entry for a given point. It still cannot guarantee
the capture of the �ne details of a high degreedistortion function, but the solution to this is to increasethe sampling
density and the resolution of the table. Increasing the sampling density increasesthe amount of data usedto generate
each table value. To determine whether the table accurately captures the data in the sample set, one can measure
the error in approximating a table entry by interpolation from neighboring table entries.

For either function �tting or LUT, there must be a de�ned set of dependencies for the corrected values. An
auxiliary program available from Ascension Technology [AscensionFTP] assumesthat both position and orientation
error are dependent solely on the measuredx, y, and z positions. The consequenceof this assumption is that the error
correction method requires only three parameters instead of six. This reduces the number of terms and degree for
polynomial correction functions, or the dimension of (and hence the memory required for) a LUT. To test whether
this assumption is correct, one must take readings at a �xed position with varying orientations. After failing to
adequately correct orientation error, we determined that this assumption does not hold (Section 4.7).

3.4 Represen ting and Av eraging Rotations

Quaternions have been used to represent rotations of spacein computer graphics for about a decade[Shoemake85].
Tracking systems now commonly report orientation with quaternions. They are favored over Euler angles because
they do not rely on an assumedorder of application of three rotations, as Euler angles do. They are favored over
matrices becauseof their compactness(four numbers for a quaternion versusnine for a rotation matrix).

In building a correction table for orientation reports, we must average or interpolate between the computed
orientation error at several points. Averaging rotations is done by summing the matrices that correspond to the
rotations and computing the singular-value decomposition (SVD) of the summed matrix (a method described in
more detail in [Curtis93]).

3.5 Coordinate Systems

As noted above, our calibration method relies on having two readings for each measuredsample. One is the reading
from the tracker, and the other is the truth value. We generate the truth value by calibrating the two trackers to
each other and forming a closed loop of transformations (that would compose, if all were accurate, to the identit y).
The di�erence from this composite transformation to the identit y is then the (composite) error. We attribute all of
this error to the magnetic tracker { a reasonableapproximation given the accuracy of the mechanical tracker and of
our calibration techniques. Figure 3 depicts the transformation loop used for our sample collection; a di�eren t set of
tools should produce a similar loop.

At the top of Figure 3 is the ERT, supported by a wooden frame as it hangs from the ceiling in our lab. The
underside of this wooden frame de�nes the world CS (Frame). We calibrate the Faro arm to the world system by
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Figure 3: Setup for collection of samplesin our lab, annotated with transformations used. The FOB-
to-receiver transformation is reported by the FOB. The Faro-to-rod transformation is reported by the
Faro arm. All other depicted transformations are determined by calibration procedures.

touching points on the frame with the Faro arm tip to form a square in the Frame CS; the readings taken from the
Faro arm during this procedure were used to compute the Frame-to-Faro transformation. We calibrate the FOB to
the Frame CS by taking a seriesof FOB readings while rotating the receiver (mounted on a special calibration tool)
around the edgesof the Frame; we then compute the Frame-to-FOB transformation [Bajura95]. We built a custom
mount for the Faro arm and attached a 0.3-meter plastic rod to it. This rod provides separation betweenthe stainless
steel mount of the Faro arm and the receiver of the FOB. Without this separation, the mount would interfere with
the readings from the FOB. We calibrate the plastic rod to the Faro arm using a procedure provided by the arm's
controller [Faro93]. We then a�xed the FOB receiver to the plastic rod.

In a separate experiment, we determined the center of the receiver with a seriesof readings in FOB space, in a
small volume where we assumedthe distortion to be constant (th us relativ e measurements are valid). Since we only
need relativ e positions to measure the center, this assumption is su�cien t. We then computed the rod-to-receiver
transformation.

3.6 In terference

We cleaned the environment of unnecessarymetal and electromagnetic devices, but we had to keep the (alumin um)
Faro arm in the environment to determine the truth value for the readings. We therefore wanted to test whether the
arm would interfere with the FOB readings.

To do this, we �xed the FOB receiver's position and orientation in the world and took a seriesof samples. For
the �rst set of samples, nothing in the environment moved. For the second set, the researcher moved the Faro
arm to varied positions that occur during sample collection. For each set, we measured the variation in position
and orientation readings using the metrics described in Section 3.2. As shown in Figure 4, neither the position or
orientation noise or error changessigni�can tly when the aluminum Faro arm moves in the environment.
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Figure 4: Readingsfrom the FOB with no motion of Faro arm (light) and motion of Faro arm (dark).
Left: Graph of relative position error (mm) versustime (sec); Right: Graph of relative orientation error
(deg) versustime (sec). This amount of noiseand error may seemhigh, but the important note is that
the light and dark lines are not signi�cantly di�eren t, showing that the motion of the Faro arm has
minimal, if any, e�ect on the readingsfrom the FOB.

Figure 5: Views of the collected samples. Left: 3D view of the position error at the collected samples.
Center: Noise metric (in meters) for position readings from the FOB, plotted as a function of distance
from the FOB transmitter (in meters). Right: Noisemetric (in meters|see text) for orientation samples
from the FOB, plotted as a function of distance from the FOB transmitter (in meters). The black
horizontal line represents the cuto� limit usedin construction of the LUT.

4 Exp erimen t and Results

4.1 Sample Collection

We collected an irregularly distributed set of samples (Figure 5) and resampled the data into a rectilinear grid
(Figure 6). This made data collection easier and allowed multiple samples to contribute to a single grid point.
Samples were collected in an approximate 3D grid, but for easeof sampling, not of necessity. After clearing the
environment of those sourcesof distortion that would not be present during use of the tracker, we collected a total
of 12801 samples. Remaining sourcesof interference were a metal drop 
o or (2.25 meters below the transmitter),
various CRTs (all at least 3.0 meters from the transmitter), an electrical conduit (1.0 meters above the transmitter),
and the Faro arm (on average,one meter below the transmitter, but not stationary).

For each sample, we took eleven readings from the FOB and three readings from the Faro arm, re
ecting the
relativ e speeds at which we can read the two trackers. Application of the noise metrics discussed in Section 3.2
eliminated 1787 of the 12801 samples. The remaining sampleswere contained within a sphere of radius 2.0 meters.
We then averaged the eleven FOB readings into a single FOB report and the three Faro readings into a single Faro
report. The position error is the (vector) di�erence between the composed transformation from the Receiver to the
FOB (via the Faro arm) and the Receiver-to-FOB transformation as reported by the FOB. The orientation error is
the (quaternion) di�erence between the composed transformation from the Receiver to itself (around the loop, via
the FOB and Faro arm) and the identit y.
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Figure 6: Views of the calibration table. Left: LUT constructed from the samplesin Figure 5, with the
sameviewpoint as in Figure 5. Center: The y = 0 plane of the table. Right: The x = 0 plane of the
table.

4.2 Building the Table

We built a 3D table containing position and orientation corrections at each grid point (Figure 6). We selected the
extent of the LUT for each dimension and a resolution of 5 cm for each dimension. The resampling processused
a Gaussian kernel (� of 5 cm, cuto� at 15 cm) centered at each grid point in turn to perform a weighted average
of nearby samples. We required that every grid point have at least two samples within the cuto� radius; most had
several and somehad dozens. We also set a minim um total weight (0.01) for the samples,so that at least one sample
was close to the grid point, in casethere were few samplesnear the point.

We computed the error metric for table resolution described in Section 3.3. The average position error between
the interpolated grid points and the computed grid points was 4.7 millimeters. The average orientation error was
0.56 degrees.This is a small percentage of the averageerror at the samples, indicating that we captured most of the
information contained in the sample set. That is, there is little to be gained by increasing the resolution of the table
without also collecting additional samples.

4.3 Correcting with the Table

Position correction is performed by trilinear interpolation of the error vectors for the corners of the cell into which
the sample falls. Orientation correction is performed by an analogous interpolation of the error quaternions for the
corners of the cell. We reduced the trilinear problem to a sequenceof simple linear interpolations, each between
two quaternions; we used spherical linear interpolations [Shoemake85]. (Use of the SVD-based averaging method
for rotations does not signi�can tly change the results.) Using a Gaussian kernel to weight correction vectors and
quaternions corresponding to the corners of the cell also does not signi�can tly change the results.

To check that this correction procedure is valid, we extracted from the original samplesthat we used to build the
table a set of test points. This yielded 5334valid samplesinside the table. When thesedependent points are corrected
using the table, the error should be zero. Any remaining error must be due to resampling error, interpolation error,
calibration error, noise in the data, or bad data that went unnoticed. The results of this \sanit y check" are graphed
in Figure 7.

The table can also be used for extrapolation { that is, correction of samplesnot in the volume of the LUT. While
the accuracy of extrapolation is less than extending the volume and falls o� quickly as the sample get further from
the calibrated volume, it does ensure C0 contin uit y in the corrected readings. This prevents a jump in the head
position or orientation when the user moves out of the calibrated volume. This is helpful for an AR or VR system.

4.4 Testing the Table

To measure the numerical results, we took three independent sets of test points (each with eleven FOB and three
Faro readings per test sample). We then corrected the readings from the FOB using the table and compared the
result with the truth value, obtained as before using the Faro arm and the transformation loop. The data collection
yielded 720 valid points inside the table. The results are graphed in Figure 8.

The orientation error correction does not have the successof the position error correction. This lead us to
conduct an experiment challenging our assumption that orientation error depends solely on the measured position
(seeSection 4.7). We have also noted that of the 720correctable samples,23 have greater position error after applying
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Figure 7: Verifying the validit y of the correction method. These graphs show only that the table
accurately re
ects the raw samples. Left: Position error (in meters) as a function of distance from the
FOB transmitter (in meters) before and after correction. Before correction, the averageposition error
is 38.1 mm and the maximum position error is 238 mm. After correction, the averageis 5.0 mm and
the maximum is 149 mm. Right: Orientation error (in degrees)as a function of distance from the FOB
transmitter (in meters) before and after correction. Before correction, the averageorientation error is
3.1 degand the maximum orientation error is 8.1 deg. After correction, the averageerror is 1.3 degand
the maximum error is 7.1 deg. For both graphs, error is measuredas described in Section 3.2.

the correction method, 105 have greater orientation error after \correction," and 1 (additional) point has both greater
position error and greater orientation error after \correction."

4.5 Tracker performance outdo ors

As an additional veri�cation of our methods, we collected samples from the tracker outside to test its accuracy
in a metal-poor environment. A wooden structure required to keep the pieces in the closed transformation loop
rigid is pictured in Figure 9. The data set we collected consists of 87 points that were less than one meter from
the transmitter. The average position error was 9.1 mm, the maximum position error was 17.8 mm, the average
orientation error was 2.3 deg, and the maximum orientation error was 4.4 deg. It is interesting to note that the
corrected tracker readings in our lab are more accurate than the uncorrected readings taken outside.

4.6 Applications

While numerical results are important for quantifying results and giving insights into the reasonswhy the method
does or does not perform, our goal is to improve registration in an AR system. The position correction we obtained
appears to be su�cien t for noticeable improvement in an AR system, while orientation correction does not. Recent
work in our lab has shown that tracker error in position adds to the registration error by the magnitude of the position
error, but that orientation error adds 9 mm of registration error per degreeof orientation error at a working distance of
500 mm [Holloway95]. It is therefore di�cult to demonstrate improved registration due only to position correction in
the presenceof signi�can t remaining orientation error. Thus we will usean alternate method of orientation correction
to display visual results, so that we can demonstrate the usefulnessof the position correction achieved by our method.

Our alternate method is vision-assisted; it detects and tracks two circular landmarks in the video image. Using
the 2D video image coordinates as well as the known real-world 3D coordinates of the two landmarks, we correct the
orientation report from the tracker in roll, pitch, and yaw of the camera [Bajura95][State96a]. Using this alternate
correction method for orientation does not diminish the signi�cance of the position correction; rather it makes the
e�ect of the position correction noticeable. The visual e�ect is to correct the perspective of the computer-generated
elements to more closely match the perspective of the real world.

The visual results are depicted by viewing images captured from the HMD view in our AR application. The
HMD is �tted with a camera and a FOB receiver. The transformation between the camera and the receiver is
determined using the method described in [Bajura95] (where the transformation is referred to as Head-to-Camera).
This procedure usesan iterativ e re�nement of the tranformation. The initial estimate is obtained from estimates of
the transformation from the tracking sensor to the transmitter, and from the transmitter to a calibration �xture.
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Figure 8: Results from the correction method. Left: Position error as a function of distance beforeand
after correction. Beforecorrection, the averageposition error is 28.7mm and the maximum position error
is 108 mm. After correction, the averageis 6.1 mm and the maximum is 23.1 mm. Right: Orientation
error as a function of distance before and after correction. Before correction, the averageorientation
error is 3.5 deg and the maximum orientation error is 6.64 deg. After correction, the average error
is 2.1 deg and the maximum error is 6.55 deg. For both graphs, error is measuredas described in
Section 3.2.

Then a series of corrections are applied according to the following heuristics used when trying to align synthetic
imagery to the calibration �xture. If the camera is relativ ely far from the �xture, misregistration is mostly due to
rotation error. If the camera is relativ ely near the �xture, misregistration is mostly due to translation error. Using
these observations as the basis for iterativ e manual adjustments, the synthetic imagery can be visually aligned to the
calibration �xture, producing a correct transformation.

For Figure 2a the FOB reported the position and the landmark tracking system corrected the orientation error.
Note that the grid is drawn with an error in perspective. This error is due almost entirely to FOB position error. For
Figure 2b our LUT method corrected the position readings from the FOB and the landmark tracking again corrected
the orientation error. Note the improved registration due to correct, matching perspective, which results from the
more accurate position readings.

Such accurate position also improves the performance of hybrid tracking techniques. Accurate position reports
from a calibration of the magnetic tracker help the vision-based correction methods to perform useful heuristic
corrections in underdetermined cases[State96a].

4.7 Orien tation error dependence

To experimentally determine whether orientation error was independent of the measured orientation, we collected
samples while holding the receiver in a nearly constant position (within a sphere of radius 6 mm) but at various
receiver orientations. To do this required moving the Faro arm (which is attached to the receiver via the plastic rod)
into various attitudes surrounding the (�xed) position of the receiver. To ensure that we maintained the receiver in
a (nearly) �xed position, we used the apparatus shown in Figure 10.

We ran this test �v e times. The �rst two trials were in our lab early in our work with the ERT. The third trial was
performed with a standard-range transmitter from Ascensionand a di�eren t receiver. The fourth trial was performed
in our lab with the samehardware as in the �rst two trials, but only after a factory test and a new factory calibration
technique were performed3 . The �fth and �nal trial was performed outdoors with the calibrated ERT. Each trial
used a di�eren t receiver position with respect to the transmitter.

A plot of the orientation error in degreesversusthe azimuth and elevation anglesof the receiver revealsa coherent
function (Figure 11). The data from the �rst trial is black; the data from the secondis white. This graph does not
show the axis around which to rotate in order to correct the orientation. The apparatus that enablesus to maintain
a �xed position unfortunately prevents us from considering roll. Still, this graph shows that orientation error is a
function of measuredorientation. Similar graphs result from the other trials.

Thus we have shown that a 6D LUT or a six-parameter function would be needed to perform orientation error

3The reported accuracy with our ERT and receiver was 1.47 mm root-mean-square in position and 0.15 deg root-mean-square
in orientation in an environmen t free of distorting metal or interfering electromagnetic signals.
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Figure 9: Picture of support structure usedto conduct the experiment outside.

correction. Collecting enough samplesto build such a table or compute such a function is a daunting task. Consider
taking samples at every 45� at each sample point { a rather coarse sampling frequency. This would multiply the
number of samples by 26. (We took 12801 samples to build our current table, a task requiring approximately 14
hours for an experienced user.) Also, the 6D LUT will require even more memory and the correction operations for
either method will take longer to perform.

5 Conclusions

The LUT calibration method works well for position error, correcting 78.6% of the position error on average. The
position correction achieved by our method thus o�ers a visible improvement in registration in an AR system. The
correct position improves the performance of hybrid tracking methods. However, the method does not work as well
for orientation error, correcting only 40.1% of the orientation error on average. This is due to the fact that we
assumed a model for the orientation error that did not depend on the measured orientation, but the orientation
error does indeed depend on the measuredorientation. Were we to use all of the parameters upon which orientation
error depends in our correction method, we would expect to seeimprovement in the performance of the method in
correcting our test data.

We know that severe orientation error will result in extreme misregistration; we clearly need a better solution to
the orientation error problem in order to signi�can tly improve registration. We can seethat extending this method
to orientation error will require a 6D LUT, which is not a practical solution.

6 Future Work

A general 6D LUT applicable to all applications is impractical, since we cannot hope to collect enough data at
all orientations and the resulting table would be very expensive for many applications to store. However, certain
applications require a user to observe an object on a tabletop, implying that only certain orientations are of interest
(\outside-lo oking-in application"). Thus a straightforw ard extension to this work is to build a table from samples
that are taken in these restricted orientations. An option to this idea is to use the alternate orientation correction
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Figure 10: Apparatus allowing (limited) freedomfor the receiver's orientation while maintaining constant
position.

Figure 11: Graph of orientation error as a function of the azimuth and elevation anglesof the receiver.
The longer axis of the referencegrid is the azimuth angle, ranging from -180degreesto 180degreeswith
lines every 20 degrees.The shorter axis is elevation, ranging from -90 degreesto 90 degrees,with lines
every 20 degrees.The hole in the graph corresponds to the position of a wooden support structure used.

algorithm of vision-assisted tracking [Bajura95][State96a] to determine the orientation error.

The dependenceof orientation error on the true orientation leads us to wonder if there is any dependenceof the
position error on the true orientation. To verify whether this is true would require an apparatus that is extremely
precisein its position while allowing free movement of orientation. We have not performed such a test, but we suspect
the dependenceis minimal if it exists at all, since we have had good results in correcting position error. We therefore
believe the apparatus shown in Figure 10 may not be accurate enough for such a test.

Our method requires that we calibrate the magnetic tracker to the system. This calibration must be done with
an uncorrected tracker on the �rst pass. Clearly, we would lik e to have precise readings to perform this auxiliary
calibration. We built a table using these uncorrected readings. Since this table does o�er some improvement, we
can use this table to correct these readings used for auxiliary calibration. This should increase the accuracy of our
auxiliary calibration, and thus improve the accuracy of the calibration table built. This processhas not yielded any
improvement, however, and we are investigating the reasons.

We have intro duced a number of parameters to the resampling process:maximum noisein position and orientation
samples, the radius and � parameter of the Gaussian resampling kernel, and the minim um amount of data (samples
or weight of samples) neededto build a grid point. We have also experimented with adapting the shape of the kernel
to ensure that the center of massof the samplesused to create an error factor stored at a grid point is as closeto the
grid point as possible. (This implies that a kernel can becomenon-symmetric.) A full exploration of this parameter
spacemight yield some\b est" set of parameters.

In this paper, we have dealt only with static registration. In a working system, however, latency is an important
issueand must be managed. Data collection would be less taxing and much faster if the collection method accounts
for the relativ e latency between the two trackers. We have yet to seeany evidenceof \drift" in the calibration of the
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tracker that would render the LUT incorrect, as previous authors have noted [Bryson92]. However, we will need to
be wary of this as we make use of the LUT we contructed. Finally , we would lik e to understand why certain samples
have greater error after application of our correction method. This could indicate bad data or insu�cien t data in
certain portions of the calibrated volume.

The data we collected during our experiments is available at http://www.cs.unc.edu/~us/magtrack.html for
those who may wish to experiment with similar methods.
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A Additional Note

Just before press time, we received private correspondence from Ascension Technology [Blood96] in which they
con�rm that the orientation error does indeed depend on the orientation of the sensor. We are contin uing to work
with Ascension to improve upon the performance of our correction method and have identi�ed potential areas of
investigation.
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